Rules for integrands of the form Trig[d + ex]" (a + bSec[d + ex]" + c Sec[d + e x]?")"
1. j(a+b5ec[d+ex]"+cSec[d+ex]2")pdlx
1. J(a+b$ec[d+ex]“+cSec[d+ex]2")"dlx when b>-4ac=0

1: J‘(a+bSec[d+ex]"+cSec[d+ex]2")pdlx when b?-4ac=0 A pez

Derivation: Algebraic simplification

BaS|S: |f b2—4ac == @,thena+bZ+CZ2 — (bJrif:Z 2

Rule:If b2-4ac=0 A pezthen

J(a+bSec[d+ex]"+cSec[d+ex]2”)pdlx — j(b+2c5ec[d+ex]")2pdlx

4P cP

Program code:

Int[(a_.+b_.xsec[d_.+e_.*x_]”n_.+c_.*sec[d_.+e_.xx_]”"n2_.)"p_.,x_Symbol] :
1/ (4"p*c”p) *Int[ (b+2xc*xSec[d+exx]”n)* (2xp) ,x] /;
FreeQ[{a,b,c,d,e,n},x] &% EqQ[n2,2xn] && EqQ[b"2-4xaxc,0] && IntegerQ[p]

Int[(a_.+b_.xcsc[d_.+e_.*x_]”n_.+c_.*xcsc[d_.+e_.xx_]”n2_.)"p_.,x_Symbol] :
1/ (4"p*c”p) *Int[ (b+2xcxCsc[d+exx]”n)* (2xp) ,x] /;
FreeQ[{a,b,c,d,e,n},x] &% EqQ[n2,2xn] && EqQ[b"2-4xaxc,0] && IntegerQ[p]

2: J‘(a+bSec[d+ex]"+cSec[d+ex]2")pdlx when b?-4ac=0 A p¢z

Derivation: Piecewise constant extraction

(a+b F[x]+cF[x]?)"
(b+2 c F[x])?2P

Basis: If b2 - 4 a ¢ == 9, then 9, - 0

Rule:If b>-4ac =0 A p ¢z, then



Rules for integrands of the form trig(d+e x)~"m (a+b sec(d+e x)~n+c sec(d+e x)(2 n))"p

(a+bsec[d+ex]"+cSec[d+ex]?"

p
J(a+bSec[d+ex]"+cSec[d+ex]2")pd1x — ) J(b+2c5ec[d+ex]“)2pdx

(b+2cSec[d+ex]“)Zp

Program code:

Int[(a_.+b_.xsec[d_.+e_.*x_]"n_.+c_.*sec[d_.+e_.*x_]"n2_.)"p_,x_Symbol] :=
(a+bxSec[d+e*x]*n+c*xSec[d+exx]” (2xn) ) *p/ (b+2xcxSec[d+exx] " n) ~ (2xp) *Int [ux (b+2xcxSec[d+exx]"n)* (2xp) ,Xx] /;
FreeQ[{a,b,c,d,e,n,p},x] & & EqQ[n2,2xn] && EqQ[b”2-4xaxc,0] &&% Not[IntegerQ[p]]

Int[(a_.+b_.xcsc[d_.+e_.*x_]"n_.+c_.*csc[d_.+e_.*x_]"n2_.)"p_,x_Symbol] :=
(a+bxCsc[d+e*x]*n+c*Csc[d+exx]” (2xn) ) *p/ (b+2xcxCsc[d+exx] " n) ~ (2xp) *Int [ux (b+2xcxCsc[d+exx]”n)* (2xp) ,Xx] /;
FreeQ[{a,b,c,d,e,n,p},x] & & EqQ[n2,2xn] && EqQ[b”2-4xaxc,0] &&% Not[IntegerQ[p]]

2. J(a+bSec[d+ex]"+cSec[d+ex]2")pdlx when b>-4ac#0

1
1:J~
a+bSec[d+ex]"+cSec[d+ex]2"

dx whenb?-4ac#+0

Derivation: Algebraic expansion

D N i ) 1 _ 2c 2cC
Basis: If q= b*-4ac ’then atbz+cz2 = q (b-gq+2cz) q (b+q+2cz)
| |
Rule:If b>-4ac +0,let q=+/b?>-4ac,then

1 2c 1 2c 1
J dx — — dx - — dx
a+bSec[d+ex]"+cSec[d+ex]?" q b-q+2cSec[d+ex]" q b+q+2cSec[d+ex]"

Program code:

Int[1/(a_.+b_.xsec[d_.+e_.*x_]”n_.+c_.xsec[d_.+e_.*x_]"n2_.),x_Symbol] :=
Module[ {g=Rt [b"2-4xaxc,2]},
2xc/q*Int[1/ (b-q+2xcxSec[d+e*xx]”n) ,x] -
2xc/q*Int[1/ (b+q+2xcxSec[d+exx]”n),x]] /;

FreeQ[{a,b,c,d,e,n},x] &% EqQ[n2,2xn] && NeQ[b"2-4xaxc,0]



Rules for integrands of the form trig(d+e x)~"m (a+b sec(d+e x)~n+c sec(d+e x)(2 n))"p
Int[1/(a_.+b_.xcsc[d_.+e_.*x_]”n_.+c_.xcsc[d_.+e_.*x_]"n2_.),x_Symbol] :=
Module[ {q=Rt[b”2-4xaxc,2]},
2xc/q*Int[1/ (b-q+2xcxCsc[d+exx]”™n) ,x] -

2xc/q*Int[1/ (b+q+2xcxCsc[d+exx]”n),x]] /;
FreeQ[{a,b,c,d,e,n},x] & & EqQ[n2,2xn] && NeQ[b"2-4xaxc,0]

2. jsin[d+ex]"‘ (a+bSec[d+ex]“+cSec[d+eX]zn)pdlx

1: Jsin[d+ex]” (a+bsec[d+ex]"+cSec[d+ex]*")dx when"‘;—lez ANEZ ApPEZ

Derivation: Integration by substitution

Basis: If % € 7, then
m-1

Sin[d+ex]"F[Sec[d+ex]] ::%Subst{(1x2>2F{ﬂ, X, Cos[d+ex] | 0xCos|[d + e x]

Rule:If ™% €Z A nez A pez,then

1 (1—x2)m%(c+bx"+ax2")p
sin[d+ex]" (a+bSec[d+ex]"+cSec[d+ex]*")Pdx — ——Subst[ - dx, X, Cos[d+ex]]
e X

Program code:

Int[sin[d_.+e_.*x_]"m_.*(a_.+b_.*sec[d_.+e_.*x_]"n_.+c_.*sec[d_.+e_.*x_]"n2_)"p_.,x_Symbol] 3
Module [ {f=FreeFactors[Cos [d+exx],x]},
-f/exSubst [Int [ (1-f 2xx"2)~((m-1) /2) » (b+a* (fxx)~n)~p/(fxx)~ (nxp),x],x,Cos [d+exx]/f]] /;
FreeQ[{a,b,c,d,e},x] &% EqQ[n2,2xn] && IntegerQ[ (m-1) /2] && IntegersQ[n,p]

Int[cos[d_.+e_.*x_]”m_.*(a_.+b_.*xcsc[d_.+e_.*x_]”n_.+c_.xcsc[d_.+e_.*Xx_]”n2_)"p_.,x_Symbol]
Module [ {f=FreeFactors [Sin[d+exx],x]},
f/exSubst [Int[ (1-f124x"2)~ ((m-1) /2) * (b+ax (fxx) ~n) *p/ (f#x) ~ (n#p) ,x] ,x,Sin[d+exx] /F]] /;
FreeQ[{a,b,c,d,e},x] & & EqQ[n2,2xn] && IntegerQ[ (m-1) /2] && IntegersQ[n,p]



Rules for integrands of the form trig(d+e x)~"m (a+b sec(d+e x)~n+c sec(d+e x)(2 n))"p

2: Jsin[d+ex]"‘ (a+bsec[d+ex]"+cSec[d+ex]*")?dx when fez A %ez

Derivation: Integration by substitution

Basis: Sin[z]? == _Tan[z]2

1+Tan[z]?

Basis:Sec[z]%2=1+Tan[z]?

Basis: If 2 eZ,thenSin[d+ex]mF[Sec[d+ex]2} == iSubst{mh—xZL X, Tan[d+ex]} OxTan[d + e X]

(14x2)"2

Rule: If% eZ A % e Z,then

dx, X, Tan[d+ex]]
e

J~x’" (a+b (1+x2)"/2+c (1+x%)")°

1
jsin[d+ex]"‘(a+bSec[d+ex]"+cSec[d+ex]2")"d1x—> —Subst[ ( z)m/21
1+X *

Program code:

Int[sin[d_.+e_.*x_]"m_x(a_.+b_.xsec[d_.+e_.*x_]"n_+c_.xsec[d_.+e_.*x_]"n2_)"p_.,x_Symbol] :=

Module [ {f=FreeFactors[Tan[d+exx],x]},

2 (m+1) /exSubst [ Int [x"mxExpandToSum[a+bx (1+FA2xx"2) A (n/2) +Cx (1+F2xx2) ~n,x] ~p/ (1+F72xx"2) ~ (m/2+1) ,x] ,x, Tan[d+exx] /f]] /;
FreeQ[{a,b,c,d,e,p},x] &% EqQ[n2,2xn] && IntegerQ[m/2] && IntegerQ[n/2]

Int[cos[d_.+e_.xx_]”m_x(a_.+b_.xcsc[d_.+e_.*x_]"n_+c_.xcsc[d_.+e_.*x_]”n2_)"p_.,x_Symbol] :=

Module [ {f=FreeFactors[Cot[d+exx],x]},

-f~ (m+1) /exSubst[Int [x"mxExpandToSum[a+b (1+f 2xx"2) A (n/2) +Cx (1+F224x72) *n,x]| *p/ (1+F 2xx2) A (m/2+1) ,x] , X, Cot [d+exx] /f]] /;
FreeQ[{a,b,c,d,e,p},x] & & EqQ[n2,2xn] && IntegerQ[m/2] && IntegerQ[n/2]



Rules for integrands of the form trig(d+e x)~"m (a+b sec(d+e x)~n+c sec(d+e x)(2 n))"p

3. jSec[d+ex]"‘ (a+bSec[d+ex]"+cSec[d+ex]2n)pd1X
1. |Sec[d+ex]" (a+bSec[d+ex]"+cSec[d+ex]?")?dx when b>-4ac=0

1: |Sec[d+ex]" (a+bSec[d+ex]"+cSec[d+ex]*")Pdx when b’ -4ac=0 A pez

Derivation: Algebraic simplification

Basis: If b2 -4 ac ==9,thena+bz+cz? = j%ﬁ

Rule:If b>-4ac=0 A p ez, then

fSec[d+ex]” (b+2cSec[d+ex]")2pd1x

J-SEC[C“(?X]m (a+bSeC[d+ex]"+cSec[d+ex]2“)”d]x —
4P cP

Program code:

Int[sec[d_.+e_.*x_]"m_.*(a_.+b_.xsec[d_.+e_.*x_]”n_.+c_.xsec[d_.+e_.*x_]"n2_.)"p_,x_Symbol] :
1/ (4”p*c”p) *Int[Sec[d+e*x] mx (b+2xcxSec[d+exx] " n)~ (2xp) ,x] /;
FreeQ[{a,b,c,d,e,m,n},x] & & EqQ[n2,2xn] && EqQ[b”2-4xaxc,0] & & IntegerQ[p]

Int[csc[d_.+e_.x*x_]"m_.*(a_.+b_.xcsc[d_.+e_.*x_]”n_.+c_.xcsc[d_.+e_.*x_]"n2_.)" p_,x_Symbol] :
1/ (4"p*c”p) *Int [Csc[d+e*xx] mx (b+2xcxCsc[d+exx] " n)~ (2xp) ,x] /;
FreeQ[{a,b,c,d,e,m,n},x] && EqQ[n2,2xn] && EqQ[b”2-4xaxc,0] & & IntegerQ[p]

2: [sec[d+ex]" (a+bSec[d+ex]"+cSec[d+ex]*")’dx whenb’-4ac=0 Ap¢z

Derivation: Piecewise constant extraction

(a+b F[x]+c F[x]2)"

(b+2 c F[x])2P =0

Basis: If b2 - 4 a c == 9, then 9,

Rule:If b2-4ac =0 A p ¢ Z,then



Rules for integrands of the form trig(d+e x)~"m (a+b sec(d+e x)~n+c sec(d+e x)(2 n))"p

(a+bsec[d+ex]"+cSec[d+ex]?")P

jSec[d+ex]’" (a+bsec[d+ex]"+cSec[d+ex]?*")?dx — jSec[d+ex]’“ (b+2c5ec[d+ex]”)2pd1x

(b+2cSec[d+ex]")Zp

Program code:

Int[sec[d_.+e_.*x_]"m_.*(a_.+b_.xsec[d_.+e_.*x_]”n_.+c_.xsec[d_.+e_.xx_]"n2_.)"p_,x_Symbol] :=
(a+bxSec[d+e*x]*n+c*Sec[d+exx]” (2xn) ) ~*p/ (b+2xcxSec[d+exx] " n) ~ (2xp) *Int [Sec [d+exXx]m* (b+2xcxSec [d+exx]~n)~ (2xp) ,X] /;

FreeQ[{a,b,c,d,e,m,n,p},x] &% EqQ[n2,2xn] && EqQ[b”"2-4xaxc,0] && Not[IntegerQ[p]]

Int[csc[d_.+e_.*x_]™m_.*(a_.+b_.xcsc[d_.+e_.*x_]”n_.+c_.xcsc[d_.+e_.x*x_]"n2_.)"p_,x_Symbol] :=

(a+bxCsc[d+e*x]*n+c*Csc[d+exx]” (2xn) ) *p/ (b+2xcxCsc[d+exx] " n)* (2xp) *Int [Csc [d+exXx]"m* (b+2xcxCsc [d+exx]~n) ~ (2xp) ,X] /;
FreeQ[{a,b,c,d,e,m,n,p},x] &% EqQ[n2,2xn] && EqQ[b”"2-4xraxc,0] && Not[IntegerQ[p]]

2. JSec[d+ex]’" (a+bsec[d+ex]"+cSec[d+ex]*")?dx when b>-4ac#@

1: [Sec[d+ex]" (a+bSec[d+ex]"+cSec[d+ex]*")?dx when (m|n|p)ez

Derivation: Algebraic expansion
Rule:If (m | n | p) €Z,then

jSec[d+ex]’“ (a+bsec[d+ex]"+cSec[d+ex]?")Pdx — JExpandTr‘ig[Sec[d+ex]’" (a+bsec[d+ex]"+cSec[d+ex]?")?, x] dx

Proeram code:

Int[sec[d_.+e_.*x_]”m_.x(a_.+b_.xsec[d_.+e_.*x_]”n_.+c_.xsec[d_.+e_.*x_]"n2_.)" p_,x_Symbol]
Int[ExpandTrig[sec[d+exx]~mx (a+bxsec[d+exXx] n+cxsec[d+exx]~(2xn)) " p,x],x]| /;
FreeQ[{a,b,c,d,e},x] &% EqQ[n2,2xn] && IntegersQ[m,n,p]

Int[csc[d_.+e_.*x_]"m_.*(a_.+b_.xcsc[d_.+e_.*x_]”n_.+c_.xcsc[d_.+e_.*x_]"n2_.)"p_,x_Symbol]
Int[ExpandTrig[csc[d+e*x]"m*(a+b*csc[d+e*x]"n+c*csc[d+e*x]"(2*n))"p,x],x] /5
FreeQ[{a,b,c,d,e},x] & & EqQ[n2,2xn] && IntegersQ[m,n,p]



Rules for integrands of the form trig(d+e x)~"m (a+b sec(d+e x)~n+c sec(d+e x)(2 n))"p

4. |Tan[d+ex]" (a+bSec[d+ex]"+cSec[d+ex]*")Pdx

1: JTan[d+ex]"‘ (a+bsec[d+ex]"+cSec[d+ex]?")?dx when %ez ANEZ ApeZ

Derivation: Integration by substitution

Basis: Tan[z]2 -- 1=Coslz]®

~ Cos[z]?

Basis: If% € Z,then
Tan[d+ex]"F[Sec[d+eXx]] == —iSubst w, X, Cos[d+ex] | 0xCos[d+ e X]

Xm

Rule:If ™% €Z A nez A p e z,then

1 (1-x2)7 (c+bx"+ax?")’
Tan[d+ex]" (a+bSec[d+ex]"+cSec[d+ex]*")Pdx — ——Subst[ " dX, X, Cos[d+ex]]
e Xxm+2np

Program code:

Int[tan[d_.+e_.*x_]"m_.*(a_+b_.*sec[d_.+e_.*x_]”n_.+c_.xsec[d_.+e_.*x_]”n2_.)"p_.,x_Symbol] :=
Module[{f=FreeFactors[Cos [d+exx],x]},
-1/ (exfA (m+nxp-1) ) xSubst [Int[ (1-F 24x"2) A ((m-1) /2) * (C+bx (FxxX) *n+cx (Fxx)~ (2xn) ) Ap/x" (m+24n+p) ,X] ,X,Cos [d+exx] /F]] /;
FreeQ[{a,b,c,d,e,n},x] &% EqQ[n2,2xn] && IntegerQ[ (m-1)/2] &% IntegerQ[n] && IntegerQ[p]

Int[cot[d_.+e_.*x_]”m_.x(a_+b_.xcsc[d_.+e_.*x_]”n_.+c_.*xsec[d_.+e_.*x_]"n2_.)"p_.,x_Symbol] :=

Module [ {f=FreeFactors [Sin[d+exx],x]},

1/ (exf" (menxp-1) ) #Subst [Int [ (1-FA2xx2) A ((m-1) /2) » (c+bx (Fxx) *n+cx (Fxx) A (2%n) ) *p/x” (m+2xnxp) ,X| ,X,Sin[d+exx]/f]] /;
FreeQ[{a,b,c,d,e,n},x] & & EqQ[n2,2xn] && IntegerQ[ (m-1)/2] && IntegerQ[n] && IntegerQ[p]



Rules for integrands of the form trig(d+e x)~"m (a+b sec(d+e x)~n+c sec(d+e x)(2 n))"p
2: JTan[d+ex]"‘ (a+bsSec[d+ex]"+cSec[d+ex]*")?dx when fez A %ez
Derivation: Integration by substitution
Basis:Sec[z]%2=1+Tan[z]?
. mE1 2
Basis: Tan[d + e x]™F [Sec [d+ e X] 2} = i Subst{X‘%L: X, Tan[d +ex] | OxTan[d + e X]

Rule: If % eZ A %ez,then

X" (a+b (1+x23)"24c (1+x2)")P
JAT Y

1
JTan[d+ex]'" (a+bsec[d+ex]"+cSec[d+ex]?*")’dx — — Subst ;

dx, X, Tan[d+ex]]
e

1+Xx

Program code:

Int[tan[d_.+e_.*x_]”m_.x(a_+b_.xsec[d_.+e_.*x_]”n_+c_.*sec[d_.+e_.*x_]”n2_.)"p_.,x_Symbol] :=
Module [ {f=FreeFactors[Tan[d+exx],x]},
2 (m+1) /exSubst [Int [x mxExpandToSum|[a+bx (1+f 24x"2) ~ (n/2) +cx (1+F224x72) *n, x| *p/ (1+f 2+x"2) ,x],x, Tan [d+exx] /f]] /;
FreeQ[{a,b,c,d,e},x] &% EqQ[n2,2xn] && IntegerQ[m/2] && IntegerQ[n/2]

Int[cot[d_.+e_.x*x_]”m_.*(a_+b_.*csc[d_.+e_.*x_]”n_+c_.*sec[d_.+e_.*x_]"n2_.)"p_.,x_Symbol] :=
Module [ {f=FreeFactors [Cot [d+exx],x]},
-f~ (m+1) /exSubst [Int [x"mxExpandToSum[a+b (1+f 2xx"2) A (n/2) +cx (1+f224x"2) *n,x]| *p/ (1+F 2xx"2) ,x] ,x,Cot [d+exx] /F]] /;
FreeQ[{a,b,c,d,e},x] & EqQ[n2,2xn] && IntegerQ[m/2] && IntegerQ[n/2]



Rules for integrands of the form trig(d+e x)~"m (a+b sec(d+e x)~n+c sec(d+e x)(2 n))"p

5. j(A+BSec[d+ex]) (a+bsSec[d+ex] +cSec[d+ex]?)"dx
1. J(A+BSec[d+ex]) (a+bsec[d+ex] +cSec[d+ex]?)"dx when b?-4ac==0

1: J(A+BSec[d+ex]) (a+bsec[d+ex] +cSec[d+ex]?)"dx whenb®-4ac=0 Anez

Derivation: Algebraic simplification

Basis: If b2 -4 ac ==9,thena+bz+cz? = j%ﬁ

Rule:If b2-4ac =0 A n e Z,then

1

j(A+BSec[d+ex]) (a+bsec[d+ex] +cSec[d+ex]?)"dx — j(A+BSec[d+ex]) (b+2cSec[d+ex])2"dx

4n cn
Program code:

Int[ (A_+B_.xsec[d_.+e_.x*x_])*(a_+b_.xsec[d_.+e_.*x_]+c_.xsec[d_.+e_.*x_]72)"n_,x_Symbol] :
1/ (4*nxc”n) *Int[ (A+BxSec[d+e*x]) = (b+2xcxSec[d+exx] )" (2%n) ,x] /;
FreeQ[{a,b,c,d,e,A,B},x] && EqQ[b”"2-4xaxc,0] &% IntegerQ[n]

Int[ (A_+B_.xcsc[d_.+e_.x*x_])*(a_+b_.xcsc[d_.+e_.*x_]+c_.xcsc[d_.+e_.*x_]72)”n_,x_Symbol] :
1/ (4*nxc”n) *Int[ (A+BxCsc[d+e*x]) * (b+2xcxCsc[d+exx] )~ (2%n) ,x] /;
FreeQ[{a,b,c,d,e,A,B},x] && EqQ[b”2-4xaxc,0] &% IntegerQ[n]

2: J(A+BSec[d+ex]) (a+bsSec[d+ex] +cSec[d+ex]?)"dx whenb®-4ac=0 An¢z

Derivation: Piecewise constant extraction

n

(a+b F[x]+c F[x]?)
(b+2 cF[x])2"

Basis: If b%> - 4 a ¢ == 0, then 9, =0

Rule:lIf b>-4ac =0 A n¢Z,then



Rules for integrands of the form trig(d+e x)~"m (a+b sec(d+e x)~n+c sec(d+e x)(2 n))"p 10

(a+bSec[d+ex] +cSec[d+ex]?)"

J(A+BSec[d+ex]) (a+bsec[d+ex] +cSec[d+ex]?)"dx — J(A+B5ec[d+ex]) (b+2cSec[d+ex])2"dx

(b+2cSec[d+ex])2"

Program code:

Int[ (A_+B_.xsec[d_.+e_.xx_])*(a_+b_.xsec[d_.+e_.*x_]+c_.xsec[d_.+e_.xx_]"2)"n_,x_Symbol] :=
(a+bxSec[d+exx] +cxSec[d+exx]"2)*n/ (b+2xcxSec[d+exXx] )~ (2xn) *xInt[ (A+BxSec[d+exx]) * (b+2xcxSec[d+exx]) " (2xn) ,x] /;
FreeQ[{a,b,c,d,e,A,B},x] & EqQ[b"2-4xaxc,0] && Not[IntegerQ[n]]

Int[ (A_+B_.xcsc[d_.+e_.xx_])*(a_+b_.xcsc[d_.+e_.*x_]+c_.xcsc[d_.+e_.*xx_]"2)"n_,x_Symbol] :=
(a+bxCsc[d+exx] +cxCsc[d+exx]"2)*n/ (b+2xcxCsc[d+exXx] )~ (2%n) *xInt[ (A+BxCsc[d+exx]) * (b+2xcxCsc[d+exx]) " (2xn) ,x] /;
FreeQ[{a,b,c,d,e,A,B},x] & EqQ[b"2-4xaxc,0] && Not[IntegerQ[n]]

2. j(A+BSec[d+ex]) (a+bsec[d+ex] +cSec[d+ex]?)"dx whenb*-4ac#@

dx whenb?-4ac#0

1_J~ A +BSec[d+eXx]

a+bSec[d+ex] +cSec[d+ex]?

Derivation: Algebraic expansion
P _ | h2 A+B z ” bB-2Ac 1 bB-2Ac 1
Basis: If g = \/b* -4 ac,then a+bz+cz? <B+ q ) b+q+2cz " (B_ q ) b-q+2cz
|
Rule:If b>-4ac +0,let q=+/b?>-4ac,then

A +BSec[d +eXx] bB-2Ac 1 bB-2Ac 1
j dx — (B+ ]J d1X+(B— )j dx
a+bSec[d+ex] +cSec[d+ex]? q b+q+2cSec[d+ex] q b-qg+2cSec[d+ex]

Program code:

Int[ (A_+B_.*sec[d_.+e_.xx_])/(a_.+b_.xsec[d_.+e_.xx_]+c_.xsec[d_.+e_.*x_]"2),x_Symbol] :=
Module[ {g=Rt [b*2-4xaxc,2]},
(B+ (bxB-2xAxc) /q) *Int[1/ (b+q+2xcxSec [d+e*xx]) ,X] +
(B- (bxB-2xAxc) /q) *xInt[1/ (b-q+2xc*Sec[d+exx]),x]] /;

FreeQ[{a,b,c,d,e,A,B},x] & & NeQ[b"2-4xaxc,0]



Rules for integrands of the form trig(d+e x)~"m (a+b sec(d+e x)~n+c sec(d+e x)(2 n))"p

Int[ (A_+B_.xcsc[d_.+e_.xx_])/(a_.+b_.xcsc[d_.+e_.xx_]+c_.xcsc[d_.+e_.*x_]"2),x_Symbol] :=
Module[ {q=Rt[b”2-4xaxc,2]},
(B+ (bxB-2xAxc) /q) *Int[1/ (b+q+2xcxCsc[d+e*xx]) ,X] +
(B- (bx*B-2xAxc) /q) *Int[1/ (b-q+2xcxCsc[d+e*x]),x]] /;

FreeQ[{a,b,c,d,e,A,B},x] & & NeQ[b"2-4xaxc,0]

2: J(A+BSec[d+ex]) (a+bsec[d+ex] +cSec[d+ex]?)"dx whenb*-4ac#8 Anez

Derivation: Algebraic expansion
Rule:lf b2-4ac+0@ Anez

~f(A+BSec[d+ex]) (a+bsec[d+ex] +cSec[d+ex]?)"dx — JEXpandTr‘ig[(A+BSec[d+ex]) (a+bsec[d+ex] +cSec[d+ex]?)", x] dx

Program code:

Int[ (A_+B_.xsec[d_.+e_.x*x_])*(a_.+b_.xsec[d_.+e_.xx_]+c_.xsec[d_.+e_.xx_]"2)"n_,x_Symbol]
Int[ExpandTrig[(A+B*sec[d+e*x])*(a+b*sec[d+e*x]+c*sec[d+e*x]"2)"n,x],x] /3
FreeQ[{a,b,c,d,e,A,B},x] && NeQ[b”"2-4xaxc,0] &% IntegerQ[n]

Int[ (A_+B_.xcsc[d_.+e_.*x_])*(a_.+b_.xcsc[d_.+e_.xx_]+c_.*csc[d_.+e_.xx_]"2)"n_,x_Symbol]
Int[ExpandTrig[ (A+Bxcsc[d+exX]) » (a+bxcsc[d+exx]+cxcsc[d+exx]*2)*n,x],x] /;
FreeQ[{a,b,c,d,e,A,B},x] && NeQ[b”2-4xaxc,0] &% IntegerQ[n]
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